38                                          LECTURE  V.
Analytically the two species are distinguished by inequalities between the absolute values of the constants X, p, v. For the first species, none of the three constants is greater than the sum of the other two, i.e.
for the second species,
where X refers to the pole.
For the application to the theory of functions, it is important to determine, in the case of the second species, the number of times the circle formed by the side opposite the vertex is passed around. I have found this number to be
£ fLJ£I±!tllljJ^ — 1\ where E denotes the greatest positive
integer contained in the argument, and is therefore always zero when this argument happens to be negative or fractional.
Let us now apply these geometrical ideas to the theory of hypergeometric functions. I can here only point out one of the results obtained. Considering only the real values that ^ssWj/a/2 can assume between a and by the question presents itself as to the shape of the ^-curve between these limits. Let us consider for a moment the curves wl and w2. It is well known that, if wl oscillates between a and b from one side of the axis to the other, w^ will also oscillate; their quotient y^w^zv^ is represented by a curve that consists of separate branches extending from — oo to +00, somewhat like the curve jp=tan.r. Now it appears as the result of the investigation that the number of these branches, and therefore the number of the oscillations of wl and w^ is given precisely by the number of circuits of the point c ; that is to say, it is
This is a result of importance for all
HM^o, species of such generalized triangles. They are obtained from the so-called elementary triangle by two distinct
